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WYX�`'HJZ\Z
I,X[P}a�|}H\Ü�XËE<NOX�l}g=Q�IÊ��Q5|�X[P�lmH\N­Ejl}HJS=ÝOlmg=XCa��=N+�=ZJEjlmH�FMX{I=HJP�lm|}H\Ü=�,l}HJQMSf���,S=a �
l}HJQMS¹Þ"ajB�I�B��ºB�ß¹��QM|?E5Spn�N�Q5S=Q5lmQ5S=XC���=S=a�l}HJQMS�Q5�iE^à8S,H\lmXËPRX�l{Q5�i|}E5S=I=QMNáFjE5|RHâE5Ü,ZJX[P�B
];SÍH\ZJZ\�=PRl}|mEjl}HJQMSYQ5�;l}g=X^N�X~lmg=Q@I%HJPCu=|RX[PRX[SplmX�I�BÍWãg,X[S¹l}g=X^Sd�=N+Ü$X[|ËQ5��|mE5S,I=QMN
FjE5|RHâE5Ü=Z\X[PäHJPåP}N�E5Z\Z)Þ"ZJX�P}Pålmg8E5S k xpß¶Udl}g=X�NOX�l}g=Q@I­ÝMH�FMX[PÐÝMQ@Q�IO|}X�P}�=Z�lmPtH\S­|RXGE5PRQMS8E5Ü=Z�n
PRg=QM|Rl�QM|RI=X[|ËP}Q�lmg8E�lO`ÐXfÜ$X[Z\HJX~FMX^H\lË`tE5|}|}E5SplmPË���=|Rl}g=X[|OPRl}�=I,nMBoæ�g,XLX�PRlmH\N­E�lmX^HJP
H\S9E­a[Z\QMP}X�IÊ��QM|}Nçlmg=Ejl�NOHJÝMgpl;u=|}Q�FMXC�,P}X����,Z�HJSÊP�lmQ@aVg8E5P�lmHJa+E5S=I9u$QMP}PRHJÜ=H\ZJHJP�lmH\a?u,|}Q �
ÝM|}E5NOHJS=Ý+u,|}QMÜ=Z\X[NOP[B�WYXhS=Q5lmX�l}g=XhP}H\N�H\ZâE5|RH\l�nËÜ$X�l�`ÐX[X[SfQM�=|�NOX�lmg,Q�IÅ`'H\l}gÅlmg8Ejl'Qj�
èhB�é�B�eLQ@QM|}X­Þ;ê �jë ß�EjS=IÊP}X~FMX�|mE5Z
Q5lmg=X�|}P�Ej�.lmX�|�eLQ@QM|RXÅÞ"XjB�Ý,B�ê�w ë U�ê�� ë E5S=IÌê y�ë ß~B'æ�g=X
NOX�l}g=Q�I^H\P'E5S0E5u=u=Z\HJaGE�lmHJQ5S<Q5�)lmg=XhHJI,XGE5P'I=H\P}a[�,P}P}X�IfH\S�ê �5ë B
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`'H�lmg¾N�E5|}Ý5HJS8E5Z\P�������E5S,I�����Þ���ßCø��������2Þ�� T�� ü T~þ[ÿ\ÿ�ÿ\þ ��� � ü��5ß<Þ�P}X�X��ä��QM|�X¶� �E5NOu=Z\X5U�ê �jë ß~B WYXÅE5P}PR�=NOX0ú¹HJP+a�QMSplmH\S@�,QM�=PCE5S,IÌS=QMS=I=X�a[|RXGE5PRHJS=Ý�HJS�XGE5aVg ��!{Þ�H\l
H\P;EOP}H\N�u=Z\XhE5I��R�=P�lmNOX[Spl�lmQ­a�QMS=PRHJI=X�|����=S,a�lmH\QMS=P'lmg8E�l�H\S=a[|RXGE5PRX{H\SLPRQMN�XhFjE5|}HJE5Ü=Z\X[P
E5S,IÍI,X[a[|RXGE5PRXfH\SÍQjlmg=X�|}PVßCE5S,I%l}g8EjlËlmg,X0PR�=u=u$QM|RlËQj��XGEjaVgÍü�!�HJPCÜ$QM�=S=I,X[I%`'H\lmg
PR�=u"�+Þ.ü�!�ßäø$#%�'& T�(� Þ"xpß þ �)& T�*! Þ k ß,++Þ"S=Q5l}X;l}g=X�E5Ü,�=P}X�Qj�3S=Q5lmEjlmH\QMS���QM|åa[Q5SdF5X[S=H\X[S=a�X�ß¶BWYXOa�QMS=P�lm|}�,a�l{Ü�QM�,S=I=P­Þ"�=u=u$X[|.-jZJQ�`ÐX[|mßhEjS=I�EjS�E5u,u=|}QG��HJN�EjlmH\QMSÊÜ$X�l�`ÐX[X�S�lmg=X
Ü$QM�=S=I,P2��QM|
l}g=XiajB�I�B �ºB2Qj�$÷ ÿ æ�g=X[|RX�E5|}XÐlmg=|RX[XiP�lmX[u,P�lmQ�l}g=XiNOX�lmg,Q�I�B)æ�g=Xià8|RPRlÁP�lmX�ua�QMS=P}H\PRl}P{Q5�tu8E5|�lmHJQ5S=HJS=ÝÅl}g=X�I,QMN­EjHJS�P}u8Eja[X­H\SplmQ0P}N�E5ZJZ\X[|�Ü=Z\Q�aVbdP[B0/�SYlmg,X�PRX[a[Q5S=I
P�lmX[u0`tX?a[Q5S=PRl}|}�=a~l�EËÜ�Q5�=S=ILE5S=IÊEjSLH\Sdl}X[|RN�X�I=HâEjl}X�X[P�lmHJN�Ejl}X���QM|�lmg=Xha[Q5S=I=H\l}HJQMS=E5Z
ajB�I�B ��Qj�Á÷ ��QM|�XGE5aVgLÜ=ZJQ@aVb<Q5�
lmg=X?u8E5|�lmH�lmHJQ5SÅÝMH\F5X[S^ü�H\P�H\SÅlmg8Ejl�Ü=Z\Q�aVb�Båæ�g=Xhà8S8E5Z
P�lmX[u0HJPil}Q�a�QMN+Ü=H\S=X�lmg,X?a�QMS=I=H�lmH\QMS8E5Z�a5B�I�B��ºB�P'HJSplmQCl}g=X�à8S8E5Z3X�PRlmH\N­E�lmX5B

æ�g=XÁà8|RPRl�PRl}X[u?HJP�l}Q�a[QMS,PRlm|R�=a�l
E�u8E5|�lmH�lmHJQ5S�QMS�lmg,XÁI=QMN�E5HJS�U # �)& T�21 Þ�xpß þ �'& T�21 Þ k ß +43
ÿ�ÿ\ÿ 3 #5�)& T��6 Þ�xpß þ �'& T��6 Þ k ß7+�B
WYXtI,Q�lmg=H\P2Üpn?I=H\F@H\I=HJS=Ý�XGEjaVgCHJSplmX�|RFjE5ZdHJSplmQ�P}�=Ü=H\SplmX[|�FjE5ZJPX98@�=E5ZJZ�n�PRu8E5a[X�I­H\SCu=|}QMÜ=E5Ü=HJZ\H\l�n­Þ"|RX[ZJEjlmH�FMXtl}Qhl}g=X�N�E5|}ÝMH\S8E5Z@I=HJP�lm|RHJÜ=�,l}HJQMS,PVß~B2:8QM|�X¶� �
E5NOu=Z\X5U,l}Q�I=H�F@HJI=X # �'& T�(� Þ"xpß þ �)& T�*! Þ k ß + HJSpl}QOl}g=|}X�X{u=H\X[a�X[P�Q5�2X98d�8E5Z�u=|}Q5Ü8E5Ü=H\ZJH\l�n�`tX�=PRX;#%�)& T��� Þ�xpß þ �'& T�(�)< T=�> +jU?#5�)& T���@< T=A> þ �'& T���B< c=�> +hE5S=IC#%�'& T�(�B< c=A> þ �'& T�(� Þ k ß,+OÞ"S=QjlmX�`tXE5|RX�S=Q5l'a�QMS=a�X[|}S,X[I^`'H\lmgÅQ�F5X[|}ZJE5u^P}H\S=a[X�`ÐX�g8EGFMX?E5PRP}�=NOX[IÅlmg,X�I=HJP�lm|}H\Ü=�,l}HJQMS<Qj�)ü
H\P�a[Q5Sdl}HJSd�=QM�,PVß~Bfæ�g=X<u=|RHJN�E5|Rn�a�QMS=P}H\I=X[|}EjlmH\QMS¾H\SYlmg,HJP�u,|}Q@a[X[PRPCHJP{g=Q�` H�l�XED�X�a�l}P
l}g=X'P}HGF�X;Qj��lmg,X�u,|}QMÜ=Z\X[N0B*/¦��lmg=X�|}X;E5|}XIH^|mE5S=I,QMN FjE5|}HJE5Ü=ZJX�PÁE5S=I�XGE5aVgOFjE5|}HJE5Ü=ZJXiü�!
H\PÐI=H�F@HJI=X�I­HJSpl}Q'J�!�PR�=Ü=H\Sdl}X[|�F5EjZJPälmg=X�S<`tX�`'HJZJZ8g=E�F5X�K �!%L T J�!�a[QMS=I,H\lmH\QMS8E5Z8ajB�I�B��ºB�PtlmQa�QMN�u,�,lmXjB<æ�g=X[|RX���QM|RX�H�l?HJPhI=X[PRHJ|}E5Ü=ZJXCl}QLNOHJS=H\N�HMF[X�l}g=XOS@�,N+Ü�X�|{Qj�iP}�,Ü�I=H�F@HJP}H\QMS=P
E5S,I0Q5S=Z\nÅPR�=Ü$I=H\F@HJI,X�lmg=X�FjE5|}HJE5Ü=Z\X[Ptl}g8Ejl�HJSON=�=X[S=a�X�lmg=Xh|}X�P}�=Z�lmP�lmg,X?NOQMP�lGB

æ�g=X'P}X�a[QMS,I­PRl}X[uOHJP�l}Q?a�QMS=P�lm|}�,a�lålmg=X�Ü$QM�=S=I,PÐEjS=IOl}g=X�X[P�lmH\N­Ejl}X[IËa[Q5S=I=H\l}HJQMS=E5Z
ajB�I�B �ºB{��Q5|�XGE5aVg�Ü=Z\Q�aVb0Q5�älmg,XCu8E5|Rl}H\l}HJQMS�Bh_3X~l�êP� T~þRQGT ë 3 ÿ�ÿ\ÿ 3 êS�.� þ.Q � ë Ü$X+QMS=XCPR�=aVgÜ=Z\Q�aVb0E5S,IÊZJX~lUTùI=X[S=QjlmX�l}g=X+X�F5X[Spl�ü �"EjZJZJP'H\Sflmg=H\P;Ü,ZJQ@aVb$B�rtQMS=PRHJI=X�|�lmg=X?�"E5NOHJZ\n
Q5��S � I=H\N�X�S=P}H\QMS8E5Z'Ü=Z\Q�aVbdPWV@XG� T~þ � & T��17Y Z Þ�[2ß]\ 3 ÿ�ÿ\ÿ 3 XG�.� þ � & T��6�Y Z Þ�[)ß7\_^A[ `%ê x þ k�ëba B:8|}Q5N QM�,|^E5P}PR�=N�u�lmHJQ5Sslmg8EjlLúûH\PÅa[QMSpl}HJSd�=QM�=P^EjS=IãHJS=a�|}XGEjP}HJS,ÝÍH\SoXGE5aVgãü�!�`tX
bdS=Q�`ûl}g8Ejl
údc X � T~þ �'& T��17Y Z Þ�[2ß \ 3 ÿ�ÿ\ÿ 3 X �.� þ �'& T� 6 Y Z Þ�[)ß \�e ø X úCÞf� T~þGÿ�ÿ�ÿ �.�dß þ údcA�'& T��17Y Z Þg[)ß þ[ÿ\ÿ�ÿ\þ �'& T� 6 Y Z Þ�[
ß eh\
æ�gd�=P
��i Y Z c!újck�)& T� 1 Y Z Þ�[2ß þGÿ\ÿ�ÿ�þ �'& T�(6�Y Z Þ�[)ß ele
m � ��Y Z ck�)& T� 1 Y Z Þ�[2ß þGÿ\ÿ�ÿ�þ �'& T�(6�Y Z Þ�[)ß e ÿ
n;Q�`Ìa�QMS=PRHJI=X�|)l}g=XÐS � I=H\N�X�S=P}H\S8E5Z5Ü,ZJQ@aVb X � & T�21bY Z Þ�[)ß þRQGT \ 3 ÿ\ÿ�ÿ 3 X � & T� 6 Y Z Þg[)ß þRQ � \ B

];P�Ü$X���Q5|}X5U=`ÐXhbdS=Q�`ïlmg8E�l
údc X �'& T��17Y Z Þg[)ß þ.Q�T \ 3 ÿ\ÿ�ÿ 3 X �'& T��6�Y Z Þ�[)ß þRQ � \�e ø X újck�)& T�21bY Z Þ�[
ß þGÿ�ÿ\ÿ�þ �)& T�(6�Y Z Þg[)ß e þ úCÞ Q�T~þ[ÿ\ÿ�ÿoQ �Mß \ ÿ
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æ�g=H\P'ÝMH\F5X[P�lmg=XhH\S=Xp8d�8E5Z\H\l�n
k?q � i Y Z c�údcA�)& T�217Y Z Þ�[
ß þGÿ�ÿ\ÿ�þ �)& T�(6�Y Z Þg[
ß e(eWm � ��Y Z cr�'& T�21bY Z Þg[
ß þGÿ�ÿ�ÿ\þ �)& T��6�Y Z Þg[
ß e ÿ
�Á�,l'lmQMÝ5X�lmg,X[|�`tX?g8EGFMX
����Y Z c � & T��1bY Z Þg[
ß þ[ÿ\ÿ�ÿ\þ � & T��6�Y Z Þ�[)ßse � � i Y Z c ú c � & T��1bY Z Þ�[2ß þGÿ\ÿ�ÿ�þ � & T�(6�Y Z Þ�[)ßsele �

k?q �t��Y Z c � & T�21bY Z Þg[
ß þGÿ�ÿ\ÿ�þ � & T� 6 Y Z Þg[)ß e ÿ
Wãg=X�SLlmg,X?|}E5S=I=Q5N FjE5|}HJE5Ü=Z\X[P[U�üÌU8E5|RX?H\S=I=X�u�X�S=I=X[Spl'lmg,HJP'Ü�X�a[QMNOX[P

[ � � �2i Y Z c�údck�)& T�21bY Z Þ�[
ß þGÿ\ÿ�ÿ�þ �'& T� 6 Y Z Þg[
ß e�e � k?q Þ k?q [
ß � ÿ
æ�g=H\PÁHJPÁE�`'H\I=XiX[SpF5X[ZJQ5u�XjU@u=E5|Rl}HJa[�,ZâE5|RZ\n���QM|ÁE�ZJE5|}Ý5XiSd�=N+Ü$X[|ÁQ5��FjE5|}HJE5Ü=Z\X[P�Þ�ZâE5|RÝMXH�ß~B2WYX�`'HJP}gËlmQ?u=|RQ�I=�,a[X�E?|RXGE5PRQMS8E5Ü,ZJX'X[P�lmHJN�Ejl}X�Q5��l}g=X'a5B�I�B �ºB�`'H\lmg,QM�,läg8EGF@HJS=ÝhlmQ

u$X[|���QM|}N lmg=X'aGEjZJa[�,ZâEjl}HJQMS=P
S=X[X�I=X[I�|}X�I=�=a[X�l}g=X'X[SpFMX�ZJQMu$X�lmQh|}X[E5P}QMS=E5Ü=ZJXi`'H\I,lmg�B�æ
Q
I=Qil}g=HJP�`ÐXäP}X�ZJX[a~l)E5S�HJSpl}X[|}NOX[I,HâEjl}X2FjE5ZJ�=X
��QM|l� i Y Z c�údcA�)& T�217Y Z Þg[)ß þGÿ�ÿ\ÿ�þ �)& T��6�Y Z Þg[
ß e�e
l}g8Ejl��"E5Z\ZJPiÜ$X�l�`ÐX[X�Sflmg=Xh�=u,u�X�|;EjS=ILZ\Q�`tX�|�X�PRl}HJN�EjlmX�EjÜ�Q�FMXjBi��S=XhX�PRlmH\N­E�lmX�`ÐQM�=ZJI
Ü$X�lmQ'EGFMX�|mE5Ý5Xäl}g=X[PRXäu=|}QMÜ=E5Ü=HJZ\H\l}HJX[P�U[H�B�XjB)PRX�l2� i Y Z c ú c �'& T� 1 Y Z Þg[
ß þGÿ�ÿ�ÿ\þ �)& T��6�Y Z Þg[)ß ele ø
Tc ck� ��Y Z ck�)& T�21bY Z Þ�[
ß þGÿ�ÿ\ÿ�þ �)& T� 6 Y Z Þg[)ß evu k?q � ��Y Z ck�'& T��1bY Z Þg[
ß þ[ÿ\ÿ�ÿ\þ �'& T� 6 Y Z Þ�[2ß e�e BWãg=X�S9lmg=XË|mEjS=I=QMN F5Ej|}HâEjÜ=ZJX�P[U�ü¾U�E5|}XCH\S=I=X[u$X[S,I=X[Spl{E<|}X[E5P}QMS=E5Ü=ZJXCH\SplmX[|RN�X�I=HâE�lmX
X�PRlmH\N­E�lmXËHJP?P}H\N�u=Z�nfl}Qf�=PRX0[äBÅæ�g=HJPh`ÐQM|}bdP�PRHJS=a�X0[ � � [ � ktq Þ k?q [
ß � E5S,I
g8EjP+lmg=X^u=|RQMu�X�|Rl�n¾l}g8EjlËH�lCI=Q@X[PËS=Q5lËH\S=a[|RXGE5PRX^l}g=X^N­E!�,H\N+�=N u�Q5P}P}H\Ü=ZJX­X[|}|RQM|CHJS
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c.d.f. for Y=max(X13,X2)2+X1*X2*X3 when X1,2 and 3 are i.i.d. u[0,1] random variables
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